Introduction. In the theory of models, the ultraproduct (or prime reduced product) construction has been a very useful method of forming models with given properties (see, for instance, [2]). It is natural to ask what the cardinality of an ultraproduct is when we are given the cardinalities of the factors. In this paper we obtain some new results in that direction; however, the questions stated explicitly in [2, p. 208], are still open.
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Let us first mention briefly some of the known results. Throughout this note we shall let D be a nonprincipal ultrafilter over a set / of infinite power X. Additional notation is explained in §1 below. We introduce the notion of a (/?, 7)-regular ultrafilter in §1, and use it to prove Theorem A and some more general results in §2. Thus we always have ƒ** =ƒ. DEFINITION 
Let ƒ be a function on / into S(y). We shall say that ƒ makes D (0, y)-regular iîf(i)GS fi (y)
for all i&I and ƒ*(*?)££> for all rj<y. D is (13, y)-regular if there exists an ƒ which makes ^ (fit 7)-regular. LEMMA 
Le/ g be a function on y into S (I). Then g* makes D (fit y)-regular if and only if g(rj) £J9 for all rç <y and C\ v eY g(rj) ~Q for all YQy of power /?.
D is said to be uniform if every member of D is of power X (cf. [2] ). As pointed out in [2] , the uniform ultrafilters are the only interesting ones as far as the problems considered here are concerned. LEMMA 
(i) If D is not countably complete, then D is (a), 03)-regular.
(
REMARK. The notion of regularity has other simple properties which we shall not need here. For instance, if D is (/3, 7)-regular and |8^|3', 7^7', then D is (fi', 7')-regular. If X, /3<7, then D is not (fi, 7)-regular. Moreover, if X<cf(7), then D is not (7, 7)-regular.
The proofs of Lemmas 1.2 and 1.3 above may easily be supplied by the reader. Since ƒ*(rj)£D it follows that kfâ D k\ The desired inequality follows.
Theorem A follows from Lemma 1.3 and Theorem 2.1. Indeed we have the following more general result. We conclude with some historical remarks. The (co, X)-regular ultrafilters have been considered in the literature, for instance in [l], [2] , [3] , [6] . The result 4 stated in the introduction was shown in [l], [2] , [3] to hold for all (co, X)-regular ultrafilters Z>. It is not difficult to show that any ultrafilter D which belongs to the class Q(a + ) defined in [4] is (co, a)-regular. However, by Theorem S.l of [5] , there is an (oe, X)-regular D which is not a member of (?(co 2 ).
